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MSC: 11D61, 11D99
Considering the equation
ax + by = cz (1)
where a, b, c are coprime, squarefree positive integers such that c odd, [Le] gave 2ω(c)+1 as an upper bound
on the number of solutions (x, y, z), where ω(c) is the number of distinct prime factors of c. He also showed
that
z < 2ab log(2eab)/pi (2)
for any solution (x, y, z) to (1). Here we give slight improvements to each of these results, also removing the
restriction that a, b, c be squarefree:
Theorem For positive integers a, b, c, with c odd, (1) has at most 2ω(c) solutions (x, y, z), where
ω(c) is the number of distinct prime factors of c. All solutions (x, y, z) to (1) satisfy z < ab/2.
Proof: The first assertion follows from the fact that, of the four parity possibilities for the pair (x, y), only
two are possible in (1): this follows from the proof of Theorem 6 of [Sc]. The second assertion follows from
Theorem 3 of [Sc-St], noting that n > n1/2 log(n) for n ≥ 2.
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